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lineas curvas, etc.); this solution shows how those or-dinates of the function which are to assume a greatest or least value can be derived from the variation of the curve-ordinate. Lagrange {Essai d'une nouvelle mt-thode> etc., 1760 and 1761) made the last essential step from the pointwise variation of Euler and his predecessors to the simultaneous variation of all ordinates of the required curve by the assumption of variable limits of the integral. His methods, which contained the new feature of introducing 8 for the change of the function, were later taken up in Euler's Integral Calculus. Since then the calculus of variations has been of valuable service in the solution of problems in theory of curvature.
The beginnings of a real theory of functions*, especially that of the elliptic and Abelian functions lead back to Fagnano, Maclaurin, D'Alembert, and Landen. Integrals of irrational algebraic functions were treated, especially those involving square roots of polynomials of the third and fourth degrees; but none of these works hinted at containing the beginnings of a science dominating the whole subject of algebra. The matter assumed more definite form under the hands of Euler, Lagrange, and Legendre. For a long time the only transcendental functions known were the circular func-
* Brill, A., and Noether, M., "Die Entwickelung der Theorie der alge-braischen Functionen in alterer und neuerer Zeit, Bericht erstattet der Deut-schen Mathematiker-Vereinigung, Jahresbericht, Bd. II., pp. 107-566, Berlin, 1894; Konigsberger, L., Zur Geschichte der Theorie der elliptischen Transcett-